Introduction
In the present work, we study the Frattini extensions of unary algebras, prove that every such algebra has a unique (up to isomorphism) minimal Frattini extension, and derive some consequences of that fact in the class of unary algebras and in the class of finite relative Stone lattices. So, each tree can be viewed both as a semilattice S= (T,A) and as a unary algebra U=(T,f) where f induces the same order as Λ induces. Note that the subalgebras of U are exactly the non void order ideals of S; they form a distributive sublattice of the lattice of subalgebras of S.
A non-empty finite poset (T,s) is a (rooted) tree if it has a unique minimal element and every principal order ideal is a chain. Note that tree (T,s) is
From now on, unary algebra will stand for mono-unary algebra. Recall that every such finite algebra is a disjoint union of connected subalgebras.
2. Theorem [5] , Every mono-unary algebra is a disjoint union of connected mono-unary algebras, in a unique way. Every Note that R is a congruence relation on (A,f). So, to each unary algebra we associate a homomorphic image A~that has no non-trivial cycles.
3. Theorem. Let (A,f) be a finite unary algebra, and ä be a maximal element in (Ä,^), i.e. ä = {a} and a * f(x)
for all x*a, or a is an isolated cycle. Then A-a is a maximal subalgebra of (A,f), and every maximal subalgebra can be obtained in this way.
Proof. We want to show that Β is a maximal subalgebra of 11. Corollary. Every RS lattice L has up to isomorphism a unique RS lattice extension of minimal cardinality.
Proof. Consider the unary algebra A = (J(L),f) and take . . . . * * its minimal Frattini extension A . By Theorem 10, Sub A is the minimal RS extension of L.
